
Let U = u1β + u0, D = d1β + d0, with 0 ≤ u1, u0, d0 < β, β/2 ≤ d1 < β.
Let us revisit the proof of Theorem 3 from [1] with the additional assumption U < D−d1,

thus u1β < D − d1:
With the same notations as in [1], except that u2 is u1 here, u1 is u0 here, and u0 = 0:

β2r̃ = u1βK + u0β(β
2 −D) + q0βD −Dβ2

< (D − d1)D + (β − 1)β(β2 −D) + q0βD −Dβ2

= (β2 −D)2 − d1D − β3 +Dβ + q0βD

< (β2 −D)2 + q0βD − d1D

Thus:

r̃ <
β2 −D

β2
(β2 −D) +

D

β2
q0β − d1D

β2
≤ max(β2 −D, q0β)−

d1
2

≤ max(β2 −D, q0β)−
β

4
.
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